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Let P be a rational parametrization of an affine curve C defined by f € K|z, y]. The tracing index,
denoted by index(P) refers to the number of times P generates almost all points of C and can be
computed for example with the formula

deg(P)

index(P) = max(deg, (f), deg, ()’

Let P(t) = (’;Eg;, ’;z:gg) be a proper parametrization. Then

ged gy (- xa2(t) — xa1(t), y - x22(t) — x21(t)) = D1(z,y)t — Do(z,y)
for some polynomials Dy, Dy € K|[z,y] and

Do(lf,y)

PR = Doy

Exercise 42 a) Check that

B+1 B 4+t+1
Pt) = + ’ +t+
243 241

is a proper rational parametrization of an affine curve C, i.e. index(P) = 1.
b) Compute the defining polynomial of C.
c) Compute the rational inverse P~1.



